Introduction
Wedderburn's Theorem, asserting that a finite associative division ring is necessarily commutative, has recently been generalized in [I] .
Our purpose is to extend Wedderburn's Theorem to the case where fl is an associative (but not necessarily finite) ring with identity in which every element is either nilpotent or a unit. The quaternions show that this alone need not force R to be commutative, hence additional conditions are needed. We prove that the set N of nilpotent elements of R is an ideal in R , and then impose conditions on N and R/N which yield the commutativity of R . Indeed, we establish the following Note that the case N = (0) recovers Wedderburn's Theorem.
We also show that this theorem need not hold if either hypothesis (i) or ( Part (a) readily follows from (l) and (2).
COROLLARY. Let R and N be as in part (a) of the theorem. Then R/N is a division ring.
Proof. First, by part (a), N is an ideal in R and hence R/N makes sense. For any a i R , let a = a+N 6 R/N . Suppose that a | 0 .
Then a \ N , and hence a is a unit in R . Therefore ao = aa = 1 for some a 6 R , and hence ac = aa = I . Thus a is a unit in R/N , and hence R/N is a division ring.
Next we prove two lemmas leading up to part (b) of the theorem. 
Then every element of N commutes with every element of R .
Proof. Let a € N , b € R , and suppose ab ^ ba . Since But, by the corollary, R/N is a division ring which, by til and Wedderburn's Theorem, must be a finite field of characteristic p , say.
Hence pb t N , and thus by Lemma 1, a(pb) = (pb)a . Therefore, 
Examples
The following examples serve to show that part Cb) of the theorem need not hold if either of the hypotheses (i), (ii) is deleted. EXAMPLE 1. Let R be any division ring which is not commutative (e.g., the quaternions). Here R satisfies (ii), but (i) fails to hold. 
EXAMPLE 2. Let

